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Mr.　Pocklington proved the following two theorems
Theorem Ａ.
Suppose that
　　Σjｒりν≧ａ”，ΣＪνぶん
then
Σ心≧α
for s≧ゐ
Ｏ「
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　Σjyν≧♂‾1
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Theorem Ｂ.
Suppose that
　　Σ４ρ≧♂　with y)≧2
　　V-1
and
　　Σ心認臨
then
Σ jｒレ≧α　for　j≧応
　where a, k and p are positive ａｎｄ･{Xn),りＪ are positive non-increasing･
　Mr. Nomura extended Pocklington's theorems･
　The object of the present paper is to prove the following inequalities.
　べAfesuppose that 。zis ａ positive integer and はｊ　and {yn) are positive non-increasing
sequences.　　　　　　　　　　　　　　　　　　　　　　　　　　　　　　　　
丿･　Theorem　１.
　Suppose that
　　　（1）Σ心゛巡＆
(2) Σヱノ£α
　(3)Σみ゛≦b, for　，z≧s≧s’≧灸
then
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To prove the above theorem, we get
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　ぶ(ｙ？一ｙ，ｸ7゛)ａ十ｙこと
　ぶ(vi十> a-i)}a
　≦砂1”十ｙ゛。(バーD}a
　ぶ(3'i 十in十'･'十jﾉ゛が)ａ
　≦必
We get the following corollary easily.
Corollary.
Suppose
　Σ7≫ in≧ａｂ　and　Σエν゛三たa, then we get
　ツ＝1　　　　　　　　　　　ンs1
　　Σ心゛≧α　ｏΓ　Σjy７≧&　for　j≧1
　　Z-1　　　　　　　　ν-１
Theorem　２.
Suppose that
　Σヱノぶゐα，
and
Σjｒ1,゛溢α，
μ
Σjyごぶ&　for　，z≧ｊ≧ｙ≧ゐ
ﾝｰ1
　(4)ｊ壮言ぶÅ
　　　　Xu　　　　どz
　(5)Ｊ≒匹ぶ旦
　　　　ｙﾉ　　　　＆
then
　Σ球xu)-(p(yv)ぶ人召
This theorem will be proved as follows
Σ妬心)･φ(み)ぶΣ今・子４こyノ＝子Σ2心町yノ≦づM!ab=^AB
Corollary 1.
Suppose that
（1）ｊでぼしis ａ non･decreasing function of Z for ZI≧Z2≧…≧Z。＞0
　　　　　　ｎ
　　（2）Σな゛認知，
　　　　　U-1
then
Σ£ノぶα　for　5≧た
　Σｔ？φ(ん)ぶαφ(α)
To prove the above corollary, we put
　ヱ1ﾉ゜yv = tv･ａ°b, A･=　ａ， Ｂ= 'pia)
then
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　椎○谷φ(を)之φ(似之‥２φ(な)之…之９(か)
　　　α　‾　Z】誂　‾　Z2?7み　‾　‾　なｍ　‾　‾　f "*，y
　夕(≒)＝∧･m.
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By the theorem ２.
　Σげ４)φ(ｙ。)－Σ(p(.tv)φ(ん)＝Σzノ･φ(ん)ぶ1･-ヴﾀﾞし＝ａφ(α)
Corollary 2.
Suppose that
　(1)べyぶしis ａ non-decreasing function of z for zl≧z2三…≧な＞0
　(2)Ξjノφ(ら)≧“φ(“)
　(3)Ξjク溢瓦7
then
　ht."'≧α　for　ｌ≧た
　U-l
Theorem ３.
Suppose that
1°Σヱレ゛溢Z,α，　Σヱ♂゛遥α
　　μ＝1　　　　　　　b-l
for　72≧ｊ≧ｙ≧ゐ
2　■V-*i 7/*ぶhat, Yly“？ぶ“゛
for　s',_1≧51≧ぶ≧h (j"= l,2,……,/-l), So'=S
３ ∫/Z－1
　Σjy沁゛溢αz
　μ＝1
for　yn≧yti≧…≧Jヽ(z = l,2,……，j)
then
　Σxv'^y^^ry2v"'■■゜jy叫゛ぶどlaiai'"αｚ
　ν＝１
To prove the above theorem we put
　zu = yiレタ2にツμﾉ
Hence
　ｚ１≧ｚ２≧…≧ｚ。＞０
Therefore we get
　？l
Σ
μ＝1
　　　　　　　　　１/
xj"'zv'^ぶαΣZv ―
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We put
　　Ｗレ゜jy2レタ31ﾉ･■■yiv
then
αΣ2ｙ1レ゛ｙ2ν■"yiv
　μ＝１
田
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therefore
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From (1),【２】1 we get
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Similary we get
　V-l
ぶαどJia2°■■ai.i2≒y１゛≦αα1ど2z---ai
Therefore
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　ν=1　　・
Theorem ４.
Suppose that
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We can easily prove as follows.
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